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Biological function requires cell-cell adhesions to tune their cohesiveness, for instance during the opening
of new fluid-filled cavities under hydraulic pressure. To understand the physical mechanisms supporting this
adaptability, we develop a stochastic model for the hydraulic fracture of adhesive interfaces bridged by molec-
ular bonds. We find that surface tension strongly enhances the stability of these interfaces by controlling flaw
sensitivity, lifetime and optimal architecture in terms of bond clustering. We also show that bond mobility em-
brittles adhesions and changes the mechanism of decohesion. Our study provides a mechanistic background to
understand the biological regulation of cell-cell cohesion and fracture.
Cell-cell adhesions are remarkably versatile and tunable in-
terfaces. They need to be strong enough to maintain bar-
rier integrity and cohesion in epithelia under stretch [1, 2],
but also need to disengage and reform during morphogene-
sis [3, 4]. To accomplish this, they rely on weak, mobile and
force-sensitives molecular bonds [5], which enable remodel-
ing yet, collectively, can become strong. However, the phys-
ical rules by which such interfaces adapt to the changing re-
quirements imposed by biological function remain poorly un-
derstood. Beyond biology, adhesion by low-affinity molecular
bonds in reconstituted systems have the potential to achieve
the degree of versatility of biological adhesion [6–10].
In important physiological situations, cell-cell junctions
are disengaged as a result of hydraulic pressure in the inter-
stitial fluid, which pulls apart neighboring cell membranes.
For instance, increased pressure in the extra-cellular medium,
caused by poroelasticity or by active ionic transport, can lead
to hydraulic fracture of cell-cell and cell-matrix adhesions
[2, 11, 12]. Hydraulic disengagement of cell-cell junctions is
also required during the opening of fluid-filled luminal cavi-
ties (luminogenesis) [13–15]. Despite this seeming generality,
the physical mechanisms that control the hydraulic fracture of
adhesive interfaces bridged by molecular bonds have not been
examined. Here, by studying a simple theoretical model, we
identify an unanticipated strong role of surface tension on the
stability of such adhesive interfaces.
To understand the fracture physics of cell-cell adhesion,
molecular interfaces have been idealized as a collection of
stochastic molecular bonds. Previous studies have examined
the strength and dynamics interfaces bridged by stochastic
bonds [17–19], possibly accounting for the non-uniform force
distribution around crack-like defects transmitted by an elas-
tic or viscoelastic medium [20–22]. Here, to examine hy-
draulically loaded adhesive junctions, we consider a mini-
mal model consisting of a 1D interface of identical stochas-
tic bonds bridging a pressurized cleft and attached to a tense
membrane (a tense line in our model), which represents the
plasma membrane and/or the thin actin cortex, Fig. 1. Since
the membrane is tense under the cleft pressure, we ignore
membrane fluctuations, which can however play an important
role during adhesion expansion of flaccid vesicles [18]. We
further assume that membrane tension is high enough so that
the bending rigidity can be neglected in a capillary approxima-
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FIG. 1. Adhesive interfaces formed by a tense membrane (here, a line
with tension T ) bridged by molecular bonds and enclosing a cavity
at pressure P. Open bonds can stochastically attach depending on the
separation δ to form a stochastic slip bond, whose off-rate depends
exponentially on force according to Bell’s model [16]. The system
is periodic. Following Laplace’s law, each line segment between two
neighboring closed bonds is an arc of circle or radius R = T/P. This
allows us to compute the force on each closed bond F and the dis-
tance between opposite potential partners δ, which in turn determine
the unbinding and binding rates koff and kon. We denote by b the
spacing between bonds and by W the size of a selected crack. In
this model, increasing tension flattens the membrane over the crack,
favoring rebinding, but does not affect the force on the closed bonds
(top-right inset).
tion, and that it remains constant during bond dynamics [23].
See [24] for further details and discussions. Under these sim-
plifying assumptions and for any open/closed bond configu-
ration, force balance allows us to compute the force F borne
by each closed bond, and hence its unbinding rate following
Bell’s model for a slip bond with force sensitivity Fb [16].
Likewise, from simple geometry we compute the separation
between potential partners δ, and hence the binding rate of
each open bond [25]. To follow the stochastic dynamics of
the model, we use Gillespie’s first-reaction method [26].
In our simulations, we chose parameters close to those of
integrin/fibronectin bonds in focal adhesions, with b = 32 nm,
a force sensitivity of Fb = 4 pN, a bond stiffness of k0 =
2.5 · 10−4 N · m−1, leading to a = √2/(βk0) ≈ 6 nm with
1/β the Boltzmann constant times absolute temperature, an
unbinding rate in the absence of force of k0off = 1 s
−1, and
a ratio between the binding rate at zero separation and the
unbinding rate at zero force of k0on/k
0
off = 3. However, these
parameters can change widely depending on the bonds and the
2X˜
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t˜ <latexit sha1_base64="VQXfdl9tpTMPApq8g+qz2ukzZBo=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKtlbaUDabTbt0Nwm7E6GE/govHhTx6s/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmlldW19o7xZ2dre2d2r7h+0TZJpxlsskYnuBNRwKWLeQoGSd1LNqQokfwhGN1P/4YlrI5L4Hscp9xUdxCISjKKVHnsoZMhznPSrNbfuzkCWiVeQGhRo9qtfvTBhmeIxMkmN6Xpuin5ONQom+aTSywxPKRvRAe9aGlPFjZ/PDp6QE6uEJEq0rRjJTP09kVNlzFgFtlNRHJpFbyr+53UzjK78XMRphjxm80VRJgkmZPo9CYXmDOXYEsq0sLcSNqSaMrQZVWwI3uLLy6R9VvfO6+7dRa1xXcRRhiM4hlPw4BIacAtNaAEDBc/wCm+Odl6cd+dj3lpyiplD+APn8wc985Cw</latexit>
t˜ <latexit sha1_base64="VQXfdl9tpTMPApq8g+qz2ukzZBo=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKtlbaUDabTbt0Nwm7E6GE/govHhTx6s/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmlldW19o7xZ2dre2d2r7h+0TZJpxlsskYnuBNRwKWLeQoGSd1LNqQokfwhGN1P/4YlrI5L4Hscp9xUdxCISjKKVHnsoZMhznPSrNbfuzkCWiVeQGhRo9qtfvTBhmeIxMkmN6Xpuin5ONQom+aTSywxPKRvRAe9aGlPFjZ/PDp6QE6uEJEq0rRjJTP09kVNlzFgFtlNRHJpFbyr+53UzjK78XMRphjxm80VRJgkmZPo9CYXmDOXYEsq0sLcSNqSaMrQZVWwI3uLLy6R9VvfO6+7dRa1xXcRRhiM4hlPw4BIacAtNaAEDBc/wCm+Odl6cd+dj3lpyiplD+APn8wc985Cw</latexit>
5
<latexit sha1_base64="+d5FE6 CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYB A8hV0f6DHoxWMC5gHJEmYnvcmY2dllZlYIS77AiwdFvPpJ3vwbJ8ke NLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLG LVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAzaqxU v+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAifFbq oxoWxEB9ixVNIItZ/NDp2QU6v0SRgrW9KQmfp7IqOR1uMosJ0RNUO9 6E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2thA2pos zYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDRrAAOEZ XuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
15
<latexit sha1_base64="MOUVV1 EhbhzSpqwB8oGnEJxx/vU=">AAAB6XicbVDLSgNBEOyNrxhfUY9eBo PgKez6QI9BLx6jmAckS5id9CZDZmeXmVkhLPkDLx4U8eofefNvnCR7 0MSChqKqm+6uIBFcG9f9dgorq2vrG8XN0tb2zu5eef+gqeNUMWywWM SqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1Fjp wbvslStu1Z2BLBMvJxXIUe+Vv7r9mKURSsME1brjuYnxM6oMZwInpW 6qMaFsRAfYsVTSCLWfzS6dkBOr9EkYK1vSkJn6eyKjkdbjKLCdETVD vehNxf+8TmrCaz/jMkkNSjZfFKaCmJhM3yZ9rpAZMbaEMsXtrYQNqa LM2HBKNgRv8eVl0jyreudV9/6iUrvJ4yjCERzDKXhwBTW4gzo0gEEI z/AKb87IeXHenY95a8HJZw7hD5zPH/CwjPY=</latexit>
W˜crit
<latexit sha1_base64="zgr4JpoeMh/Kma3ciUSv3ja8b3c=">AAACDnicbVDL SsNAFJ3UV62vqks3g6XgqiQq6LLoxmUF+4AmlMnkth06eTBzI5aQL3Djr7hxoYhb1+78G5M2C209cOFwzr0z9x43kkKjaX4bpZXVtfWN8mZla3tnd6+6f9DRYaw4tHk oQ9VzmQYpAmijQAm9SAHzXQldd3Kd+917UFqEwR1OI3B8NgrEUHCGmTSo1m2EB5y9kyjw0sRGIT1IuukgsZVPuRKYpoNqzWyYM9BlYhWkRgq0BtUv2wt57EOAXDKt+5 YZoZMwhYJLSCt2rCFifMJG0M9owHzQTjJbI6X1TPHoMFRZBUhn6u+JhPlaT3036/QZjvWil4v/ef0Yh5dOIoIoRgj4/KNhLCmGNM+GekIBRznNCMsPF5zyMVOMY5Zg JQvBWjx5mXROG9ZZw7w9rzWvijjK5IgckxNikQvSJDekRdqEk0fyTF7Jm/FkvBjvxse8tWQUM4fkD4zPH4wTnas=</latexit>
N
b
(%
)
<latexit sha1_base64="777JjaKRt/qWNZ/3s6XPcarQ4SU=">AAAB9HicbVBNSwMxEJ2tX7V+VT16CZZCvZRdFfRY9OJJKtgP6C4lm6ZtaJJdk2yhLP0dXjwo4tUf481/Y9ruQVsfDDzem2FmXhhzpo3rfju5tfWNza38dmFnd2//oHh41NRRoghtkIhHqh1iTTmTtGGY4bQdK4pFyGkrHN3O/NaYKs0i+WgmMQ0EHkjWZwQbKwX33dRXAoXTil8+6xZLbtWdA60SLyMlyFDvFr/8XkQSQaUhHGvd8dzYBClWhhFOpwU/0TTGZIQHtGOpxILqIJ0fPUVlq/RQP1K2pEFz9fdEioXWExHaToHNUC97M/E/r5OY/nWQMhknhkqyWNRPODIRmiWAekxRYvjEEkwUs7ciMsQKE2NzKtgQvOWXV0nzvOpdVN2Hy1LtJosjDydwChXw4ApqcAd1aACBJ3iGV3hzxs6L8+58LFpzTjZzDH/gfP4AZ8SRMg==</latexit>
T˜ = 2
<latexit sha1_base64="SjlifFwYU/VP6zwVzzxBBMiTuJk=">AAAB8nicbVBNS8NAEN34WetX1aOXxSJ4KkkV9CIUvXis0C9IQ9lsNu3 SzW7YnQgl9Gd48aCIV3+NN/+N2zYHbX0w8Hhvhpl5YSq4Adf9dtbWNza3tks75d29/YPDytFxx6hMU9amSijdC4lhgkvWBg6C9VLNSBIK1g3H9zO/+8S04Uq2YJKyICFDyWNOCVjJ7wMXEctb09v6oFJ1a+4ceJV4BamiAs1B5asfKZolTAIVxBjfc1MIcqKBU8Gm5X5mWEromAyZb6kk CTNBPj95is+tEuFYaVsS8Fz9PZGTxJhJEtrOhMDILHsz8T/PzyC+CXIu0wyYpItFcSYwKDz7H0dcMwpiYgmhmttbMR0RTSjYlMo2BG/55VXSqde8y5r7eFVt3BVxlNApOkMXyEPXqIEeUBO1EUUKPaNX9OaA8+K8Ox+L1jWnmDlBf+B8/gAHOZET</latexit>
T˜ = 4
<latexit sha1_base64="tNVjby7C/1T/ZPXfFLY0LVnMTes=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0m0oBeh6MVjhdYW0lA2m02 7dLMbdidCCf0ZXjwo4tVf481/47bNQVsfDDzem2FmXpgKbsB1v53S2vrG5lZ5u7Kzu7d/UD08ejQq05R1qBJK90JimOCSdYCDYL1UM5KEgnXD8d3M7z4xbbiSbZikLEjIUPKYUwJW8vvARcTy9vSmMajW3Lo7B14lXkFqqEBrUP3qR4pmCZNABTHG99wUgpxo4FSwaaWfGZYSOiZD5lsq ScJMkM9PnuIzq0Q4VtqWBDxXf0/kJDFmkoS2MyEwMsveTPzP8zOIr4OcyzQDJuliUZwJDArP/scR14yCmFhCqOb2VkxHRBMKNqWKDcFbfnmVPF7Uvcu6+9CoNW+LOMroBJ2ic+ShK9RE96iFOogihZ7RK3pzwHlx3p2PRWvJKWaO0R84nz8KQZEV</latexit>
T˜ = 10
<latexit sha1_base64="aar+QayMY5/tYhgZqHhpyDDIyc4=">AAAB83icbVBNS8NAEJ3Ur1q/qh69BIvgqSQq6EUoevFYoV/QhLLZbNq lm03YnQgl9G948aCIV/+MN/+N2zYHbX0w8Hhvhpl5QSq4Rsf5tkpr6xubW+Xtys7u3v5B9fCoo5NMUdamiUhULyCaCS5ZGzkK1ksVI3EgWDcY38/87hNTmieyhZOU+TEZSh5xStBInodchCxvTW9dZ1CtOXVnDnuVuAWpQYHmoPrlhQnNYiaRCqJ133VS9HOikFPBphUv0ywldEyGrG+o JDHTfj6/eWqfGSW0o0SZkmjP1d8TOYm1nsSB6YwJjvSyNxP/8/oZRjd+zmWaIZN0sSjKhI2JPQvADrliFMXEEEIVN7fadEQUoWhiqpgQ3OWXV0nnou5e1p3Hq1rjroijDCdwCufgwjU04AGa0AYKKTzDK7xZmfVivVsfi9aSVcwcwx9Ynz93lZFM</latexit>
T˜ = 12
<latexit sha1_base64="mYsXL8IcoYTiKgDq61+7mAe4ymg=">AAAB83icbVDLSgNBEOz1GeMr6tHLYBA8hd0o6EUIevEYIS/ILmF2tjc ZMvtgZlYIS37DiwdFvPoz3vwbJ8keNLGgoajqprvLTwVX2ra/rbX1jc2t7dJOeXdv/+CwcnTcUUkmGbZZIhLZ86lCwWNsa64F9lKJNPIFdv3x/czvPqFUPIlbepKiF9FhzEPOqDaS62ouAsxb01unPqhU7Zo9B1klTkGqUKA5qHy5QcKyCGPNBFWq79ip9nIqNWcCp2U3U5hSNqZD7Bsa 0wiVl89vnpJzowQkTKSpWJO5+nsip5FSk8g3nRHVI7XszcT/vH6mwxsv53GaaYzZYlGYCaITMguABFwi02JiCGWSm1sJG1FJmTYxlU0IzvLLq6RTrzmXNfvxqtq4K+IowSmcwQU4cA0NeIAmtIFBCs/wCm9WZr1Y79bHonXNKmZO4A+szx96nZFO</latexit>
T˜ = 14
<latexit sha1_base64="kirSXhl6xrrgKYuD3DniHTQC7kY=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0m0oBeh6MVjhdYWmlA2m0m 7dPPB7kQooX/DiwdFvPpnvPlv3LY5aOuDgcd7M8zM81MpNNr2t1VaW9/Y3CpvV3Z29/YPqodHjzrJFIcOT2Siej7TIEUMHRQooZcqYJEvoeuP72Z+9wmUFkncxkkKXsSGsQgFZ2gk10UhA8jb0xunMajW7Lo9B10lTkFqpEBrUP1yg4RnEcTIJdO679gpejlTKLiEacXNNKSMj9kQ+obG LALt5fObp/TMKAENE2UqRjpXf0/kLNJ6EvmmM2I40sveTPzP62cYXnu5iNMMIeaLRWEmKSZ0FgANhAKOcmII40qYWykfMcU4mpgqJgRn+eVV8nhRdy7r9kOj1rwt4iiTE3JKzolDrkiT3JMW6RBOUvJMXsmblVkv1rv1sWgtWcXMMfkD6/MHfaWRUA==</latexit>
T˜ = 16
<latexit sha1_base64="skGkoVWIIGK21LrDCGLtmFJIBO8=">AAAB83icbVBNS8NAEJ3Ur1q/qh69BIvgqSQq6kUoevFYoV/QhLLZTNq lm03Y3Qgl9G948aCIV/+MN/+N2zYHrT4YeLw3w8y8IOVMacf5skorq2vrG+XNytb2zu5edf+go5JMUmzThCeyFxCFnAlsa6Y59lKJJA44doPx3czvPqJULBEtPUnRj8lQsIhRoo3keZrxEPPW9Ma9HFRrTt2Zw/5L3ILUoEBzUP30woRmMQpNOVGq7zqp9nMiNaMcpxUvU5gSOiZD7Bsq SIzKz+c3T+0To4R2lEhTQttz9edETmKlJnFgOmOiR2rZm4n/ef1MR9d+zkSaaRR0sSjKuK0TexaAHTKJVPOJIYRKZm616YhIQrWJqWJCcJdf/ks6Z3X3vO48XNQat0UcZTiCYzgFF66gAffQhDZQSOEJXuDVyqxn6816X7SWrGLmEH7B+vgGgK2RUg==</latexit>
T˜ = 6
<latexit sha1_base64="MLQx1inkLoT0wQDBGJRg55a28XI=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0lU1ItQ9OKxQr8gDWWz2bR LN7thdyKU0J/hxYMiXv013vw3btsctPpg4PHeDDPzwlRwA6775ZRWVtfWN8qbla3tnd296v5Bx6hMU9amSijdC4lhgkvWBg6C9VLNSBIK1g3HdzO/+8i04Uq2YJKyICFDyWNOCVjJ7wMXEctb05vLQbXm1t058F/iFaSGCjQH1c9+pGiWMAlUEGN8z00hyIkGTgWbVvqZYSmhYzJkvqWS JMwE+fzkKT6xSoRjpW1JwHP150ROEmMmSWg7EwIjs+zNxP88P4P4Osi5TDNgki4WxZnAoPDsfxxxzSiIiSWEam5vxXRENKFgU6rYELzll/+SzlndO6+7Dxe1xm0RRxkdoWN0ijx0hRroHjVRG1Gk0BN6Qa8OOM/Om/O+aC05xcwh+gXn4xsNSZEX</latexit>
T˜ = 8
<latexit sha1_base64="+UfLxsJmGbRnkLxBZg1eAqQInQ8=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0lUsBeh6MVjhdYW0lA2m02 7dLMbdidCCf0ZXjwo4tVf481/47bNQVsfDDzem2FmXpgKbsB1v53S2vrG5lZ5u7Kzu7d/UD08ejQq05R1qBJK90JimOCSdYCDYL1UM5KEgnXD8d3M7z4xbbiSbZikLEjIUPKYUwJW8vvARcTy9vSmMajW3Lo7B14lXkFqqEBrUP3qR4pmCZNABTHG99wUgpxo4FSwaaWfGZYSOiZD5lsq ScJMkM9PnuIzq0Q4VtqWBDxXf0/kJDFmkoS2MyEwMsveTPzP8zOIG0HOZZoBk3SxKM4EBoVn/+OIa0ZBTCwhVHN7K6YjogkFm1LFhuAtv7xKHi/q3mXdfbiqNW+LOMroBJ2ic+Sha9RE96iFOogihZ7RK3pzwHlx3p2PRWvJKWaO0R84nz8QUZEZ</latexit>
T˜
<latexit sha1_base64="yPUfQI5PvpyoQZ4RwNOED3oZPBc=">AAAB8HicbVBNS8NAEN3Ur1q/qh69LBbBU0lU0GPRi8cK/ZI2lM1m2i7dTcLuRCihv8KLB0W8+nO8+W/ctjlo64OBx3szzMwLEikMuu63U1hb39jcKm6Xdnb39g/Kh0ctE6eaQ5PHMtadgBmQIoImCpTQSTQwFUhoB+ O7md9+Am1EHDVwkoCv2DASA8EZWumxh0KGkDWm/XLFrbpz0FXi5aRCctT75a9eGPNUQYRcMmO6npugnzGNgkuYlnqpgYTxMRtC19KIKTB+Nj94Ss+sEtJBrG1FSOfq74mMKWMmKrCdiuHILHsz8T+vm+Lgxs9ElKQIEV8sGqSSYkxn39NQaOAoJ5YwroW9lfIR04yjzahkQ/CWX14lrYuqd1l1H64qtds8jiI5IafknHjkmtTIPamTJuFEkWfySt4c7bw4787HorXg5DPH5A+czx8NU5CQ</latexit>
5
<latexit sha1_base64="+d5FE6CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0f6DHoxWMC5gHJEmYnvcm Y2dllZlYIS77AiwdFvPpJ3vwbJ8keNLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAzaqxUv+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAifFbqoxoWxEB9ixVNIItZ/NDp2QU 6v0SRgrW9KQmfp7IqOR1uMosJ0RNUO96E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2thA2poszYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDRrAAOEZXuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
10 15
<latexit sha1_base64="MOUVV1EhbhzSpqwB8oGnEJxx/vU=">AAAB6XicbVDLSgNBEOyNrxhfUY9eBoPgKez6QI9BLx6jmAckS5id9CZ DZmeXmVkhLPkDLx4U8eofefNvnCR70MSChqKqm+6uIBFcG9f9dgorq2vrG8XN0tb2zu5eef+gqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1FjpwbvslStu1Z2BLBMvJxXIUe+Vv7r9mKURSsME1brjuYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzS6dk BOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCaz/jMkkNSjZfFKaCmJhM3yZ9rpAZMbaEMsXtrYQNqaLM2HBKNgRv8eVl0jyreudV9/6iUrvJ4yjCERzDKXhwBTW4gzo0gEEIz/AKb87IeXHenY95a8HJZw7hD5zPH/CwjPY=</latexit>
2<latexit sha1_base64="FYllQ7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48t2FpoQ9lsJ+3 azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKz qwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexit>
1<latexit sha1_base64="aA0rKCuIfRh6kyv09bM+V2WTqEg=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cq1hbaUDbbSbt 0swm7G6GE/gMvHhTx6j/y5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLK6tr6RnmzsrW9s7tX3T941HGqGLZYLGLVCahGwSW2DDcCO4lCGgUC28H4JvfbT6g0j+WDmSToR3QoecgZNVa69yr9as2tuzOQZeIVpAYFmv3qV28QszRCaZigWnc9NzF+RpXhTOC00ks1JpSN6RC7lkoaofaz2aVTc mKVAQljZUsaMlN/T2Q00noSBbYzomakF71c/M/rpia88jMuk9SgZPNFYSqIiUn+NhlwhcyIiSWUKW5vJWxEFWXGhpOH4C2+vEwez+reed29u6g1ros4ynAEx3AKHlxCA26hCS1gEMIzvMKbM3ZenHfnY95acoqZQ/gD5/MHr4SMyw==</latexit>
3
<latexit sha1_base64="6DJXBi6Xibm7unJIvEcu7Q+E72w=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0msoMeiF48t2FpoQ9lsJ+3 azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKz qwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJ+6Lq1apu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfk+MuQ==</latexit>
0
0
5
<latexit sha1_base64="+d5FE6CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0f6DHoxWMC5gHJEmYnvcm Y2dllZlYIS77AiwdFvPpJ3vwbJ8keNLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAzaqxUv+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAifFbqoxoWxEB9ixVNIItZ/NDp2QU 6v0SRgrW9KQmfp7IqOR1uMosJ0RNUO96E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2thA2poszYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDRrAAOEZXuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
10
15
<latexit sha1_base64="MOUVV1EhbhzSpqwB8oGnEJxx/vU=">AAAB6XicbVDLSgNBEOyNrxhfUY9eBoPgKez6QI9BLx6jmAckS5id9CZ DZmeXmVkhLPkDLx4U8eofefNvnCR70MSChqKqm+6uIBFcG9f9dgorq2vrG8XN0tb2zu5eef+gqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1FjpwbvslStu1Z2BLBMvJxXIUe+Vv7r9mKURSsME1brjuYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzS6dk BOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCaz/jMkkNSjZfFKaCmJhM3yZ9rpAZMbaEMsXtrYQNqaLM2HBKNgRv8eVl0jyreudV9/6iUrvJ4yjCERzDKXhwBTW4gzo0gEEIz/AKb87IeXHenY95a8HJZw7hD5zPH/CwjPY=</latexit>
0
5
<latexit sha1_base64="+d5FE6CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLYBA8hV0f6DHoxWMC5gHJEmYnvcm Y2dllZlYIS77AiwdFvPpJ3vwbJ8keNLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZYLGLVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAzaqxUv+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAifFbqoxoWxEB9ixVNIItZ/NDp2QU 6v0SRgrW9KQmfp7IqOR1uMosJ0RNUO96E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2thA2poszYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDRrAAOEZXuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
10 15
<latexit sha1_base64="MOUVV1EhbhzSpqwB8oGnEJxx/vU=">AAAB6XicbVDLSgNBEOyNrxhfUY9eBoPgKez6QI9BLx6jmAckS5id9CZ DZmeXmVkhLPkDLx4U8eofefNvnCR70MSChqKqm+6uIBFcG9f9dgorq2vrG8XN0tb2zu5eef+gqeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1FjpwbvslStu1Z2BLBMvJxXIUe+Vv7r9mKURSsME1brjuYnxM6oMZwInpW6qMaFsRAfYsVTSCLWfzS6dk BOr9EkYK1vSkJn6eyKjkdbjKLCdETVDvehNxf+8TmrCaz/jMkkNSjZfFKaCmJhM3yZ9rpAZMbaEMsXtrYQNqaLM2HBKNgRv8eVl0jyreudV9/6iUrvJ4yjCERzDKXhwBTW4gzo0gEEIz/AKb87IeXHenY95a8HJZw7hD5zPH/CwjPY=</latexit>
0
1/P˜
<latexit sha1_base64="E1mkm/HR9Tedo552w62hS0CHsLU=">AAAB8nicbVBNS8NAEJ3Ur1q/qh69LBbBU01U0GPRi8cK1h bSUDabbbt0swm7E6GE/gwvHhTx6q/x5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjLdYIhPdCanhUijeQoGSd1LNaRxK3g5Ht1O//cS1EYl6wHHKg5gOlOgLRtFKvnfWRSEjnjcnvWrNrbszkGXiFaQGBZq96lc3SlgWc4VMUmN8z 00xyKlGwSSfVLqZ4SllIzrgvqWKxtwE+ezkCTmxSkT6ibalkMzU3xM5jY0Zx6HtjCkOzaI3Ff/z/Az710EuVJohV2y+qJ9JggmZ/k8ioTlDObaEMi3srYQNqaYMbUoVG4K3+PIyeTyvexd19/6y1rgp4ijDERzDKXhwBQ24gya0gEECz/AKbw46L8678zFvLTnF zCH8gfP5A+Y6kQA=</latexit>
0
0
P˜
W˜
c
ri
t
<latexit sha1_base64="roTe/WpEyv9PAXDNmeL9QpASTNw=">AAACBnicbZBLS8NAFIUnPmt9RV2KMFgEVyVRQZdFNy4r2Ac0IUwmk3bo5MHMjVBCVm78K25cKOLW3+DOf+OkzUJbDwx8nHMvwz1+KrgCy/o2lpZXVtfWaxv1za3tnV1zb7+rkkxS1qGJSGTfJ4oJHrMOcBCsn0pGIl+wnj++KfPeA5OKJ/E9TFLmRmQY85BTAtryzCMHuAhY3i4q6BVe7sgIU8mh8MyG1bSmwotgV9BAldqe+eUECc0iFgMVRKmBbaXg5kQCp4IVdSdTLCV0TIZsoDEmEVNuPj2jwCfaCXCYSP1iwFP390ZOIqUmka8nIwIjNZ+V5n/ZIIPwys15nGbAYjr7KMwEhgSXneCAS0ZBTDSQ8m5OMR0RSSjo5uq6BHv+5EXonjXt86Z1d9FoXVd11NAhOkanyEaXqIVuURt1EEWP6Bm9ojfjyXgx3o2P2eiSUe0coD8yPn8AT4SZpg==</latexit>
W˜
c
ri
t
<latexit sha1_base64="4/OO0jP4VCMo54YzdbTtvAC8AAs=">AAAB/XicbVDLSsNAFJ34rPUVHzs3g0VwVRIVdFl047KCfUATwmQyaYfOJGHmRqgh+CtuXCji1v9w59+YtFlo64ELh3Pu5d57/ERwDZb1bSwtr6yurdc26ptb2zu75t5+V8epoqxDYxGrvk80EzxiHeAgWD9RjEhfsJ4/vin93gNTmsfRPUwS5koyjHjIKYFC8sxDB7gIWNbLvcxRElPFIffMhtW0psCLxK5IA1Voe+aXE8Q0lSwCKojWA9tKwM2IAk4Fy+tOqllC6JgM2aCgEZFMu9n0+hyfFEqAw1gVFQGeqr8nMiK1nki/6JQERnreK8X/vEEK4ZWb8ShJgUV0tihMBYYYl1HggCtGQUwKQsq/OcV0RBShUARWL0Kw519eJN2zpn3etO4uGq3rKo4aOkLH6BTZ6BK10C1qow6i6BE9o1f0ZjwZL8a78TFrXTKqmQP0B8bnDwevlZY=</latexit>
1/P˜
<latexit sha1_base64="E1m km/HR9Tedo552w62hS0CHsLU=">AAAB8nicbVBNS8NAEJ3Ur1 q/qh69LBbBU01U0GPRi8cK1hbSUDabbbt0swm7E6GE/gwvHh Tx6q/x5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dr e2d2r7h88miTTjLdYIhPdCanhUijeQoGSd1LNaRxK3g5Ht1O/ /cS1EYl6wHHKg5gOlOgLRtFKvnfWRSEjnjcnvWrNrbszkGXiF aQGBZq96lc3SlgWc4VMUmN8z00xyKlGwSSfVLqZ4SllIzrgvq WKxtwE+ezkCTmxSkT6ibalkMzU3xM5jY0Zx6HtjCkOzaI3Ff /z/Az710EuVJohV2y+qJ9JggmZ/k8ioTlDObaEMi3srYQNqaY MbUoVG4K3+PIyeTyvexd19/6y1rgp4ijDERzDKXhwBQ24gya0 gEECz/AKbw46L8678zFvLTnFzCH8gfP5A+Y6kQA=</latexit >
5
<latexit sha1_base64="+d5FE 6CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLY BA8hV0f6DHoxWMC5gHJEmYnvcmY2dllZlYIS77AiwdFvPpJ3vwbJ8 keNLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZ YLGLVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAza qxUv+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAi fFbqoxoWxEB9ixVNIItZ/NDp2QU6v0SRgrW9KQmfp7IqOR1uMosJ0 RNUO96E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2th A2poszYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDR rAAOEZXuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
100
5
<latexit sha1_base64="+d5FE 6CwhMLeSBrsn5r+it3qGAQ=">AAAB6HicbVDLSgNBEOz1GeMr6tHLY BA8hV0f6DHoxWMC5gHJEmYnvcmY2dllZlYIS77AiwdFvPpJ3vwbJ8 keNLGgoajqprsrSATXxnW/nZXVtfWNzcJWcXtnd2+/dHDY1HGqGDZ YLGLVDqhGwSU2DDcC24lCGgUCW8Hobuq3nlBpHssHM07Qj+hA8pAza qxUv+qVym7FnYEsEy8nZchR65W+uv2YpRFKwwTVuuO5ifEzqgxnAi fFbqoxoWxEB9ixVNIItZ/NDp2QU6v0SRgrW9KQmfp7IqOR1uMosJ0 RNUO96E3F/7xOasIbP+MySQ1KNl8UpoKYmEy/Jn2ukBkxtoQyxe2th A2poszYbIo2BG/x5WXSPK94FxW3flmu3uZxFOAYTuAMPLiGKtxDDR rAAOEZXuHNeXRenHfnY9664uQzR/AHzucPgVeMuw==</latexit>
10
15
<latexit sha1_base64="MOUVV 1EhbhzSpqwB8oGnEJxx/vU=">AAAB6XicbVDLSgNBEOyNrxhfUY9eB oPgKez6QI9BLx6jmAckS5id9CZDZmeXmVkhLPkDLx4U8eofefNvnC R70MSChqKqm+6uIBFcG9f9dgorq2vrG8XN0tb2zu5eef+gqeNUMWy wWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1 FjpwbvslStu1Z2BLBMvJxXIUe+Vv7r9mKURSsME1brjuYnxM6oMZw InpW6qMaFsRAfYsVTSCLWfzS6dkBOr9EkYK1vSkJn6eyKjkdbjKLC dETVDvehNxf+8TmrCaz/jMkkNSjZfFKaCmJhM3yZ9rpAZMbaEMsXtr YQNqaLM2HBKNgRv8eVl0jyreudV9/6iUrvJ4yjCERzDKXhwBTW4gz o0gEEIz/AKb87IeXHenY95a8HJZw7hD5zPH/CwjPY=</latexit>
0
W˜
0.1
<latexit sha1_base64="voD6bETDGb0J1q9KtopUzVo14pc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hU0GPRi8eK1hbaUDbbSbt0 swm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTAXXxvO+ndLK6tr6RnmzsrW9s7tX3T941EmmGDZZIhLVDqlGwSU2DTcC26lCGocCW+HoZuq3nlBpnsgHM04xiOlA8ogzaqx077l+r1rzXG8Gskz8gtSgQKNX/er2E5bFKA0TVOuO76UmyKkynAmcVLqZxpSyER1gx1JJY9RBPjt1Qk6s 0idRomxJQ2bq74mcxlqP49B2xtQM9aI3Ff/zOpmJroKcyzQzKNl8UZQJYhIy/Zv0uUJmxNgSyhS3txI2pIoyY9Op2BD8xZeXyeOZ65+73t1FrX5dxFGGIziGU/DhEupwCw1oAoMBPMMrvDnCeXHenY95a8kpZg7hD5zPH1QmjSk=</latexit>
0.2
<latexit sha1_base64="7kk1bYwQIFuWqC72FTlgwFRhOAc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0iqoMeiF48V7Qe0oWy2k3bp ZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/mpU3Jm lT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmlWXf/C9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBVqo0q</latexit>
0.3
<latexit sha1_base64="CvlBYmryCVTITm67tP/BQjLr+Zc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0isoMeiF48V7Qe0oWy2k3 bpZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/ mpU3JmlT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmleuH7V9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBXLo0r</latexit>
0.4
<latexit sha1_base64="i9a0PZY57H0KfDGVBr2wOZ5+syU=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0i0oMeiF48V7Qe0oWy2m3 bpZhN2J0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEph0PO+ncLa+sbmVnG7tLO7t39QPjxqmiTTjDdYIhPdDqnhUijeQIGSt1PNaRxK3gpHtzO/9cS1EYl6xHHKg5gOlIgEo2ilB8+t9soVz/XmIKvEz0kFctR75a9uP2FZzBUySY3p+F6KwYRqFEzyaambGZ5SNqID3rFU0ZibYD I/dUrOrNInUaJtKSRz9ffEhMbGjOPQdsYUh2bZm4n/eZ0Mo+tgIlSaIVdssSjKJMGEzP4mfaE5Qzm2hDIt7K2EDammDG06JRuCv/zyKmleuP6l691XK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c2Rzovz7nwsWgtOPnMMf+B8/gBYso0s</latexit>
0.5
<latexit sha1_base64="gk+v9TOIWXCV8joXb3FI9Yo3GrU=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgadn1gR6DXjxGNA9IljA7mS RDZmeXmV4hLPkELx4U8eoXefNvnCR70MSChqKqm+6uMJHCoOd9O4WV1bX1jeJmaWt7Z3evvH/QMHGqGa+zWMa6FVLDpVC8jgIlbyWa0yiUvBmObqd+84lrI2L1iOOEBxEdKNEXjKKVHjz3sluueK43A1kmfk4qkKPWLX91ejFLI66QSWpM2/cSDDKqUTDJJ6VOanhC2YgOeNtSRSNugm x26oScWKVH+rG2pZDM1N8TGY2MGUeh7YwoDs2iNxX/89op9q+DTKgkRa7YfFE/lQRjMv2b9ITmDOXYEsq0sLcSNqSaMrTplGwI/uLLy6Rx5vrnrnd/Uane5HEU4QiO4RR8uIIq3EEN6sBgAM/wCm+OdF6cd+dj3lpw8plD+APn8wdaNo0t</latexit>
0.6
<latexit sha1_base64="bLMUX29kd9WR7xCpeU+WeNFCDyA=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hU1GPRi8eK9gPaUDbbbb t0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKQw6HnfTmFldW19o7hZ2tre2d0r7x80TJxqxusslrFuhdRwKRSvo0DJW4nmNAolb4aj26nffOLaiFg94jjhQUQHSvQFo2ilB8+97JYrnuvNQJaJn5MK5Kh1y1+dXszSiCtkkhrT9r0Eg4xqFEzySamTGp5QNqID3rZU0YibIJ udOiEnVumRfqxtKSQz9fdERiNjxlFoOyOKQ7PoTcX/vHaK/esgEypJkSs2X9RPJcGYTP8mPaE5Qzm2hDIt7K2EDammDG06JRuCv/jyMmmcuf65691fVKo3eRxFOIJjOAUfrqAKd1CDOjAYwDO8wpsjnRfn3fmYtxacfOYQ/sD5/AFbuo0u</latexit>
P˜
<latexit sha1_base64="7JbeavlMNhouY1Gt5t7SD2cFbec=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0 GPRi8cKthbbUDababt0swm7G6GE/gsvHhTx6r/x5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6zhVDFssFrHqBFSj4BJbhhuBnUQhjQKBD8H4JvcfnlBpHst7M0nQj+hQ8gFn1FjpsWe4CDFrTiv9as2tuzOQZ eIVpAYFmv3qVy+MWRqhNExQrbuemxg/o8pwJnBa6aUaE8rGdIhdSyWNUPvZ7OIpObFKSAaxsiUNmam/JzIaaT2JAtsZUTPSi14u/ud1UzO48jMuk9SgZPNFg1QQE5P8fRJyhcyIiSWUKW5vJWxEFWXGhpSH4C2+vEzaZ3XvvO7eXdQa1 0UcZTiCYzgFDy6hAbfQhBYwkPAMr/DmaOfFeXc+5q0lp5g5hD9wPn8APxGQoA==</latexit>
2<latexit sha1_base64="FYllQ7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48t2FpoQ9 lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHW LXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexit>
4<latexit sha1_base64="YaUu3fbq3EXIDFlv57P9JYmAIGw=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KokW9Fj04rEF+wFtKJ vtpF272YTdjVBCf4EXD4p49Sd589+4bXPQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJssFrHqBFSj4BKbhhuBnUQhjQKB7WB8N/PbT6g0j+WDmSToR3QoecgZNVZqVPulsltx5yCrxMtJGXLU+6Wv3iBmaYTSMEG17npuYvyMKsOZwGmxl2pMKBvTIX YtlTRC7WfzQ6fk3CoDEsbKljRkrv6eyGik9SQKbGdEzUgvezPxP6+bmvDGz7hMUoOSLRaFqSAmJrOvyYArZEZMLKFMcXsrYSOqKDM2m6INwVt+eZW0LiveVcVtVMu12zyOApzCGVyAB9dQg3uoQxMYIDzDK7w5j86L8+58LFrXnHzmBP7A+fwBf9OMug==</latexit>
6
<latexit sha1_base64="MSzjqIHAkyrjgRRhP9+nh9xE89o=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4KomKeix68diC/YA2lM120q 7dbMLuRiihv8CLB0W8+pO8+W/ctjlo64OBx3szzMwLEsG1cd1vZ2V1bX1js7BV3N7Z3dsvHRw2dZwqhg0Wi1i1A6pRcIkNw43AdqKQRoHAVjC6m/qtJ1Sax/LBjBP0IzqQPOSMGivVr3qlsltxZyDLxMtJGXLUeqWvbj9maYTSMEG17nhuYvyMKsOZwEmxm2pMKBvRAXYslTRC7WezQy fk1Cp9EsbKljRkpv6eyGik9TgKbGdEzVAvelPxP6+TmvDGz7hMUoOSzReFqSAmJtOvSZ8rZEaMLaFMcXsrYUOqKDM2m6INwVt8eZk0zyveRcWtX5art3kcBTiGEzgDD66hCvdQgwYwQHiGV3hzHp0X5935mLeuOPnMEfyB8/kDgtuMvA==</latexit>
50
<latexit sha1_base64="w/SpUfxXlvHnxr+jh/ZXApjOdfg=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKez6QI9BLx4jmgckS5idTJI hs7PLTK8QlnyCFw+KePWLvPk3ziZ70MSChqKqm+6uIJbCoOt+O4WV1bX1jeJmaWt7Z3evvH/QNFGiGW+wSEa6HVDDpVC8gQIlb8ea0zCQvBWMbzO/9cS1EZF6xEnM/ZAOlRgIRtFKD5duqVeuuFV3BrJMvJxUIEe9V/7q9iOWhFwhk9SYjufG6KdUo2CST0vdxPCYsjEd8o6liobc+Ons1 Ck5sUqfDCJtSyGZqb8nUhoaMwkD2xlSHJlFLxP/8zoJDq79VKg4Qa7YfNEgkQQjkv1N+kJzhnJiCWVa2FsJG1FNGdp0shC8xZeXSfOs6p1X3fuLSu0mj6MIR3AMp+DBFdTgDurQAAZDeIZXeHOk8+K8Ox/z1oKTzxzCHzifPyOyjQk=</latexit>
100
<latexit sha1_base64="UG09W4xq8aqWPR911Qb3dnTzKb8=">AAAB63icbVBNSwMxEJ3Ur1q/qh69BIvgqWRV0GPRi8cK9gPapWTTbBu aZJckK5Slf8GLB0W8+oe8+W/cbfegrQ8GHu/NMDMviKWwjpBvVFpb39jcKm9Xdnb39g+qh0dtGyWG8RaLZGS6AbVcCs1bTjjJu7HhVAWSd4LJXe53nrixItKPbhpzX9GRFqFg1OWSR0hlUK2ROpkDrxKvIDUo0BxUv/rDiCWKa8cktbbnkdj5KTVOMMlnlX5ieUzZhI54L6OaKm79dH7rD J9lyhCHkclKOzxXf0+kVFk7VUHWqagb22UvF//zeokLb/xU6DhxXLPFojCR2EU4fxwPheHMyWlGKDMiuxWzMTWUuSyePARv+eVV0r6oe5d18nBVa9wWcZThBE7hHDy4hgbcQxNawGAMz/AKb0ihF/SOPhatJVTMHMMfoM8fi9ONPw==</latexit>
0.1
<latexit sha1_base64="voD6bETDGb0J1q9KtopUzVo14pc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hU0GPRi8eK1hbaUDbbSbt0s wm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTAXXxvO+ndLK6tr6RnmzsrW9s7tX3T941EmmGDZZIhLVDqlGwSU2DTcC26lCGocCW+HoZuq3nlBpnsgHM04xiOlA8ogzaqx077l+r1rzXG8Gskz8gtSgQKNX/er2E5bFKA0TVOuO76UmyKkynAmcVLqZxpSyER1gx1JJY9RBPjt1Qk6s0i dRomxJQ2bq74mcxlqP49B2xtQM9aI3Ff/zOpmJroKcyzQzKNl8UZQJYhIy/Zv0uUJmxNgSyhS3txI2pIoyY9Op2BD8xZeXyeOZ65+73t1FrX5dxFGGIziGU/DhEupwCw1oAoMBPMMrvDnCeXHenY95a8kpZg7hD5zPH1QmjSk=</latexit>
0.2
<latexit sha1_base64="7kk1bYwQIFuWqC72FTlgwFRhOAc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0iqoMeiF48V7Qe0oWy2k3bpZ hN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/mpU3JmlT6 JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmlWXf/C9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBVqo0q</latexit>
0.3
<latexit sha1_base64="CvlBYmryCVTITm67tP/BQjLr+Zc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0isoMeiF48V7Qe0oWy2k3bpZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocC W+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/mpU3JmlT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmleuH7V9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBXLo0r</latexit>P˜
<latexit sha1_base64="7JbeavlMNhouY1Gt5t7SD2cFbec=">AAAB8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKthbbUDab abt0swm7G6GE/gsvHhTx6r/x5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLK6tr6RnmzsrW9s7tX3T9o6zhVDFssFrHqBFSj4BJbhhuBnUQhjQKBD8H4JvcfnlBpHst7M0nQj+hQ8gFn1FjpsWe4CDFrTiv9as2tuzOQZeIVpAYFmv3qVy+MWRqhNExQrbuemxg/o8pwJnBa6aUaE8 rGdIhdSyWNUPvZ7OIpObFKSAaxsiUNmam/JzIaaT2JAtsZUTPSi14u/ud1UzO48jMuk9SgZPNFg1QQE5P8fRJyhcyIiSWUKW5vJWxEFWXGhpSH4C2+vEzaZ3XvvO7eXdQa10UcZTiCYzgFDy6hAbfQhBYwkPAMr/DmaOfFeXc+5q0lp5g5hD9wPn8APxGQoA==</latexit>
ln
(t˜
f
)
<latexit sha1_base64="Iq5UmC4DKMgLD0ybAYHX2eu44HY=">AAAB/3icbVA9SwNBEN3zM8avU8HGZjEIsQl3KmgZtLGMYD4gF8LeZi9Zsrt37M4J4UzhX7GxUMTWv2Hnv3GTXKGJDwYe780wMy9MBDfged/O0vLK6tp6YaO4ubW9s+vu7TdMnGrK6jQWsW6FxDDBFasDB8FaiWZEhoI1w+HNxG8+MG14rO5hlLCOJH3FI04JWKnrHgZClQPgoscyGHezQEscjU+7bsmreFPgReLnpIRy1LruV9CLaSqZAiqIMW3fS6CTEQ2cCjYuBqlhCaFD0mdtSxWRzHSy6f1jfGKVHo5ibUsBnqq/JzIijRnJ0HZKAgMz703E/7x2CtFVJ+MqSYEpOlsUpQJDjCdh4B7XjIIYWUKo5vZWTAdEEwo2sqINwZ9/eZE0zir+ecW7uyhVr/M4CugIHaMy8tElqqJbVEN1RNEjekav6M15cl6cd+dj1rrk5DMH6A+czx/kuJYC</latexit>
P˜ 1c<latexit sha1_base64="izDr2/L2MKfg/761hIF2p0BnTuE=">AAAB/HicbVDLSsNAFJ34rPUV7dLNYBFclUQFXRbduKxgH9DE MJlM2qEzkzAzEUKIv+LGhSJu/RB3/o3TNgttPXDhcM693HtPmDKqtON8Wyura+sbm7Wt+vbO7t6+fXDYU0kmMenihCVyECJFGBWkq6lmZJBKgnjISD+c3Ez9/iORiibiXucp8TkaCRpTjLSRArvhacoiUnTKoPAkh7h8cAO76bScGeAycSvSBBU6gf3lRQnOOBEaM6 TU0HVS7RdIaooZKetepkiK8ASNyNBQgThRfjE7voQnRolgnEhTQsOZ+nuiQFypnIemkyM9VoveVPzPG2Y6vvILKtJME4Hni+KMQZ3AaRIwopJgzXJDEJbU3ArxGEmEtcmrbkJwF19eJr2zlnvecu4umu3rKo4aOALH4BS44BK0wS3ogC7AIAfP4BW8WU/Wi/Vufcxb V6xqpgH+wPr8AazolMU=</latexit> P˜
2
c<latexit sha1_base64="O/XSWPIfmjh3u8MNYgTYE0FtEuw=">AAAB/HicbVDLSsNAFJ3UV62vaJduBovgqiRV0GXRjcsK9gFN DJPJpB06MwkzE6GE+CtuXCji1g9x5984bbPQ1gMXDufcy733hCmjSjvOt1VZW9/Y3Kpu13Z29/YP7MOjnkoyiUkXJyyRgxApwqggXU01I4NUEsRDRvrh5Gbm9x+JVDQR93qaEp+jkaAxxUgbKbDrnqYsInmnCHJPcoiLh1ZgN5ymMwdcJW5JGqBEJ7C/vCjBGSdCY4 aUGrpOqv0cSU0xI0XNyxRJEZ6gERkaKhAnys/nxxfw1CgRjBNpSmg4V39P5IgrNeWh6eRIj9WyNxP/84aZjq/8nIo000TgxaI4Y1AncJYEjKgkWLOpIQhLam6FeIwkwtrkVTMhuMsvr5Jeq+meN527i0b7uoyjCo7BCTgDLrgEbXALOqALMJiCZ/AK3qwn68V6tz4W rRWrnKmDP7A+fwCubJTG</latexit>
0
1<latexit sha1_base64="aA0rKCuIfRh6kyv09bM+V2WTqEg="> AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cq1hbaUDbbSbt0swm7G6GE/gMvHhTx6j/y5r9x0+agrQ8GHu/NMDMvSATXxnW/ ndLK6tr6RnmzsrW9s7tX3T941HGqGLZYLGLVCahGwSW2DDcCO4lCGgUC28H4JvfbT6g0j+WDmSToR3QoecgZNVa69yr9as2tuzOQZeIV pAYFmv3qV28QszRCaZigWnc9NzF+RpXhTOC00ks1JpSN6RC7lkoaofaz2aVTcmKVAQljZUsaMlN/T2Q00noSBbYzomakF71c/M/rpia8 8jMuk9SgZPNFYSqIiUn+NhlwhcyIiSWUKW5vJWxEFWXGhpOH4C2+vEwez+reed29u6g1ros4ynAEx3AKHlxCA26hCS1gEMIzvMKbM3Z enHfnY95acoqZQ/gD5/MHr4SMyw==</latexit>
3
<latexit sha1_base64="6DJXBi6Xibm7unJIvEcu7Q+E72w=">AA AB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0msoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6x ubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySrycVCBHo1/+6g 1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmA piYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJ+6Lq1apu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzu cPfk+MuQ==</latexit>
2<latexit sha1_base64="FYllQ7zpOOUWp6AgCT92VJfJ7Xs="> AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9 dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySryc VCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv /YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i 8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexit>
0
X˜
<latexit sha1_base64="1Ie5LC8qFW2C+64Ywy0ukoIm yCY=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQq6LHoxWMFWyttKJvNpF26uwm7G6GE/govHhTx6s/x5r9x2+ag rQ8GHu/NMDMvTDnTxvO+ndLK6tr6RnmzsrW9s7tX3T9o6yRTFFs04YnqhEQjZxJbhhmOnVQhESHHh3B0M/UfnlBplsh 7M04xEGQgWcwoMVZ67BnGI8w7k3615tW9Gdxl4hekBgWa/epXL0poJlAayonWXd9LTZATZRjlOKn0Mo0poSMywK6lk gjUQT47eOKeWCVy40TZksadqb8nciK0HovQdgpihnrRm4r/ed3MxFdBzmSaGZR0vijOuGsSd/q9GzGF1PCxJYQqZm91 6ZAoQo3NqGJD8BdfXibts7p/XvfuLmqN6yKOMhzBMZyCD5fQgFtoQgsoCHiGV3hzlPPivDsf89aSU8wcwh84nz8TZ5C U</latexit>
X˜
<latexit sha1_base64="1Ie5LC8qFW2C+64Ywy0ukoIm yCY=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQq6LHoxWMFWyttKJvNpF26uwm7G6GE/govHhTx6s/x5r9x2+ag rQ8GHu/NMDMvTDnTxvO+ndLK6tr6RnmzsrW9s7tX3T9o6yRTFFs04YnqhEQjZxJbhhmOnVQhESHHh3B0M/UfnlBplsh 7M04xEGQgWcwoMVZ67BnGI8w7k3615tW9Gdxl4hekBgWa/epXL0poJlAayonWXd9LTZATZRjlOKn0Mo0poSMywK6lk gjUQT47eOKeWCVy40TZksadqb8nciK0HovQdgpihnrRm4r/ed3MxFdBzmSaGZR0vijOuGsSd/q9GzGF1PCxJYQqZm91 6ZAoQo3NqGJD8BdfXibts7p/XvfuLmqN6yKOMhzBMZyCD5fQgFtoQgsoCHiGV3hzlPPivDsf89aSU8wcwh84nz8TZ5C U</latexit>
X˜
<latexit sha1_base64="1Ie5LC8qFW2C+64Ywy0ukoImyCY=">AAAB8HicbVBNS8NAEJ3Ur1q/qh69BIvgqSQq6LH oxWMFWyttKJvNpF26uwm7G6GE/govHhTx6s/x5r9x2+agrQ8GHu/NMDMvTDnTxvO+ndLK6tr6RnmzsrW9s7tX3T9o6yRTFFs04YnqhEQjZxJbhhmOnVQhESHHh3B0M/UfnlBplsh7M04xEGQgWcwoMVZ67BnGI8w7k3615tW9Gdxl4hekBgWa /epXL0poJlAayonWXd9LTZATZRjlOKn0Mo0poSMywK6lkgjUQT47eOKeWCVy40TZksadqb8nciK0HovQdgpihnrRm4r/ed3MxFdBzmSaGZR0vijOuGsSd/q9GzGF1PCxJYQqZm916ZAoQo3NqGJD8BdfXibts7p/XvfuLmqN6yKOMhzBMZyCD 5fQgFtoQgsoCHiGV3hzlPPivDsf89aSU8wcwh84nz8TZ5CU</latexit>
25
<latexit sha1_base64="+OoFjdzU0SW27RRFlUGMZXSvVi8=">AA AB6XicbVBNS8NAEJ34WetX1aOXxSJ4KklV9Fj04rGK/YA2lM120y7dbMLuRCih/8CLB0W8+o+8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr 6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LR7dRvPXFtRKwecZxwP6IDJULBKFrpoXrZK5XdijsDWSZeTsqQo94rfX X7MUsjrpBJakzHcxP0M6pRMMknxW5qeELZiA54x1JFI278bHbphJxapU/CWNtSSGbq74mMRsaMo8B2RhSHZtGbiv95nRTDaz8TKkmRKzZfFK aSYEymb5O+0JyhHFtCmRb2VsKGVFOGNpyiDcFbfHmZNKsV77zi3l+Uazd5HAU4hhM4Aw+uoAZ3UIcGMAjhGV7hzRk5L8678zFvXXHymSP4A+ fzB/I1jPc=</latexit>
-25
<latexit sha1_base64="DisjT+HLWFkIACRbL05lPKaB2ds=">A AACCnicbVC7TsMwFHXKq5RXgJElUCGxNEoKVRkrWBiLRB9SU1WOe9NadeLIdhBVlJmFX2FhACFWvoCNv8F9DNBypCsdnXOvfe/xY0alcpx vI7eyura+kd8sbG3v7O6Z+wdNyRNBoEE446LtYwmMRtBQVDFoxwJw6DNo+aPrid+6ByEpj+7UOIZuiAcRDSjBSks989jrQ+CVUk9gKsHnD 6ldrcQqS0tZVvBK5UqhZxYd25nCWibunBTRHPWe+eX1OUlCiBRhWMqO68Sqm2KhKGGgX00kxJiM8AA6mkY4BNlNp6dk1qlW+lbAha5IWVP 190SKQynHoa87Q6yGctGbiP95nUQFl92URnGiICKzj4KEWYpbk1ysPhVAFBtrgomgeleLDLHAROn0JiG4iycvk2bZds9t5/aiWLuax5FHR +gEnSEXVVEN3aA6aiCCHtEzekVvxpPxYrwbH7PWnDGfOUR/YHz+AFZNmVs=</latexit>
-25
<latexit sha1_base64="DisjT+HLWFkIACRbL05lPKaB2ds=">A AACCnicbVC7TsMwFHXKq5RXgJElUCGxNEoKVRkrWBiLRB9SU1WOe9NadeLIdhBVlJmFX2FhACFWvoCNv8F9DNBypCsdnXOvfe/xY0alcpx vI7eyura+kd8sbG3v7O6Z+wdNyRNBoEE446LtYwmMRtBQVDFoxwJw6DNo+aPrid+6ByEpj+7UOIZuiAcRDSjBSks989jrQ+CVUk9gKsHnD 6ldrcQqS0tZVvBK5UqhZxYd25nCWibunBTRHPWe+eX1OUlCiBRhWMqO68Sqm2KhKGGgX00kxJiM8AA6mkY4BNlNp6dk1qlW+lbAha5IWVP 190SKQynHoa87Q6yGctGbiP95nUQFl92URnGiICKzj4KEWYpbk1ysPhVAFBtrgomgeleLDLHAROn0JiG4iycvk2bZds9t5/aiWLuax5FHR +gEnSEXVVEN3aA6aiCCHtEzekVvxpPxYrwbH7PWnDGfOUR/YHz+AFZNmVs=</latexit>
0
3
<latexit sha1_base64="6DJXBi6Xibm7unJIvEcu7Q+E72w=">AA AB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0msoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6x ubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySrycVCBHo1/+6g 1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmA piYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJ+6Lq1apu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzu cPfk+MuQ==</latexit>
2<latexit sha1_base64="FYllQ7zpOOUWp6AgCT92VJfJ7Xs="> AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9 dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOlZq1frrhVdw6ySryc VCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv /YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbiDBrSAAcIzvMKb8+i 8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexit>
0 25
<latexit sha1_base64="+OoFjdzU0SW27RRFlUGMZXSvVi8=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KklV9Fj04rGK/YA2lM120y7d bMLuRCih/8CLB0W8+o+8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LR7dRvPXFtRKwecZxwP6IDJULBKFrpoXrZK5XdijsDWSZeTsqQo94rfXX7MUsjrpBJakzHcxP0M6pRMMknxW5qeELZiA54x1JFI278bHbphJxa pU/CWNtSSGbq74mMRsaMo8B2RhSHZtGbiv95nRTDaz8TKkmRKzZfFKaSYEymb5O+0JyhHFtCmRb2VsKGVFOGNpyiDcFbfHmZNKsV77zi3l+Uazd5HAU4hhM4Aw+uoAZ3UIcGMAjhGV7hzRk5L8678zFvXXHymSP4A+fzB/I1jPc=</latexit>
-25
<latexit sha1_base64="DisjT+HLWFkIACRbL05lPKaB2ds=">A AACCnicbVC7TsMwFHXKq5RXgJElUCGxNEoKVRkrWBiLRB9SU1WOe9NadeLIdhBVlJmFX2FhACFWvoCNv8F9DNBypCsdnXOvfe/xY0alcpx vI7eyura+kd8sbG3v7O6Z+wdNyRNBoEE446LtYwmMRtBQVDFoxwJw6DNo+aPrid+6ByEpj+7UOIZuiAcRDSjBSks989jrQ+CVUk9gKsHnD 6ldrcQqS0tZVvBK5UqhZxYd25nCWibunBTRHPWe+eX1OUlCiBRhWMqO68Sqm2KhKGGgX00kxJiM8AA6mkY4BNlNp6dk1qlW+lbAha5IWVP 190SKQynHoa87Q6yGctGbiP95nUQFl92URnGiICKzj4KEWYpbk1ysPhVAFBtrgomgeleLDLHAROn0JiG4iycvk2bZds9t5/aiWLuax5FHR +gEnSEXVVEN3aA6aiCCHtEzekVvxpPxYrwbH7PWnDGfOUR/YHz+AFZNmVs=</latexit>
1<latexit sha1_base64="aA0rKCuIfRh6kyv09bM+V2WTqEg="> AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cq1hbaUDbbSbt0swm7G6GE/gMvHhTx6j/y5r9x0+agrQ8GHu/NMDMvSATXxnW/ ndLK6tr6RnmzsrW9s7tX3T941HGqGLZYLGLVCahGwSW2DDcCO4lCGgUC28H4JvfbT6g0j+WDmSToR3QoecgZNVa69yr9as2tuzOQZeIV pAYFmv3qV28QszRCaZigWnc9NzF+RpXhTOC00ks1JpSN6RC7lkoaofaz2aVTcmKVAQljZUsaMlN/T2Q00noSBbYzomakF71c/M/rpia8 8jMuk9SgZPNFYSqIiUn+NhlwhcyIiSWUKW5vJWxEFWXGhpOH4C2+vEwez+reed29u6g1ros4ynAEx3AKHlxCA26hCS1gEMIzvMKbM3Z enHfnY95acoqZQ/gD5/MHr4SMyw==</latexit>
0 25
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FIG. 2. (a) Kymograph of a representative stochastic simulation, where closed bonds are marked in black and open bonds in white, for T˜ = 4,
P˜ = 0.1. (b) Corresponding time-evolution of number of closed bonds Nb. (c) Critical crack size W˜crit as a function of the inverse pressure 1/P˜
for different tensions T˜ . Error bars throughout the paper indicate the standard error of the mean (SEM), here for 2000 realizations. By plotting
P˜W˜crit as a function of T˜ , each of the curves collapses to a point (inset), where the dotted line is a theoretical prediction. (d) Kymographs
describing trajectories of cracks at pressure P˜ = 1/8 and initial crack-width W˜i indicated by dots in the (1/P˜,W˜) plane, where the red line
indicates the boundary of stability (W˜ = W˜crit) for T˜ = 4 and the purple line for T˜ = 8. (i) T˜ = 4, W˜i = 7 < W˜crit. (ii) T˜ = 4, W˜i = 12 > W˜crit,
(iii) T˜ = 8, W˜i = 12 < W˜crit. (e) Logarithm of the average lifetime ln(t˜f) as a function of P˜ for different tensions, same color-code as in (c).
The inset shows the relation between t˜f and P˜ in linear scale for T˜ = 4 and T˜ = 8. Strength is defined operationally as the critical pressure for
which t˜f = 100. The inset shows that, for a given P˜, doubling tension can change lifetime by orders of magnitude.
conditions. We view our model as a slice of thickness b, and
use F0 = Fb, L0 = b and t0 = 1/k0off as force, length, and time-
scales to define non-dimensional quantities, e.g. T˜ = T L0/F0,
P˜ = PL20/F0, and t˜ = t/t0.
We first considered a tense adhesive interface contain-
ing 100 adhesive molecules in a regular lattice, subjected it
to an interstitial pressure, and followed the dynamics, see
Fig. 2(a,b). The interface remained cohesive for a long
time, during which small cracks of various sizes stochasti-
cally opened and closed (see green inset) and the fraction of
closed bonds fluctuated around N0b = k
0
on/(k
0
on + k
0
off), consis-
tent with low bond forces and small separation distances. At
some point, a nascent crack appeared to stochastically grow,
and then quickly propagated by sequential breaking of bonds
at its margins up to total rupture of the interface. Examination
of many trajectories showed that this behavior was general,
and interestingly, suggested the notion of a critical crack size
Wcrit delimiting healing or brutal propagation in analogy with
Griffith’s classical theory of fracture [27]. However, fracture
physics in our model does not result from a thermodynamic
competition between elastic and surface energy as in Griffith’s
theory, but rather on the kinetics of molecular bonds.
To understand the physics determining Wcrit and noting
that crack growth proceeded by sequential bond breaking at
the crack tip, we examined the competition between bind-
ing/unbinding of marginal open/closed bonds. To further sup-
port the idea of a small process zone near the crack tip, we
reasoned that for a relatively long crack of size W, δ would
be smallest at the open bond directly adjacent to the crack
tip, Fig. 1, and thus crack healing should be overwhelmingly
dominated by the rebinding rate of this open bond. Following
a simple geometric estimation for δ capturing the flattening
of the membrane deflection over a crack as tension increases
[24], this rate takes the form [25, 28]
kon ≈ k0on exp
−
(
b
a
)2 1(
2T
WP
)2 − 1
 . (1)
Similarly, the largest force being borne by the bond defining
the crack tip, crack growth should be determined by the un-
binding rate of this bond. At the margin of a large enough
crack of size W, force is tension-independent and can be ap-
proximated by F ≈ WP/2 [24]. We thus estimated this rate
as
koff = k0off exp
(
WP
2Fb
)
. (2)
The threshold between propagation and healing is character-
ized by an equal probability of bond breaking and formation at
the crack margin, kon = koff . Examination of Eqs. (1,2) shows
that kon is a monotonically decreasing function of W, whereas
koff is monotonically increasing in W, and thus kon = koff de-
fines a critical length Wcrit below which cracks should pre-
dominantly heal and above which cracks should grow and be-
come increasingly unstable. Furthermore, W appears grouped
3with P in both expressions, and thus Wcrit should be propor-
tional to 1/P. Finally, we note that kon is an increasing func-
tion of T since tension brings opposing open bond closer to-
gether, but koff is independent of T , and thus we predict that
increasing tension should promote crack healing.
To test this theory, we performed systematic simulations for
a periodic system with 50 potential bonds initially at quasi-
equilibrium with N0b = k
0
on/(k
0
on + k
0
off) closed bonds. We con-
sidered 60 combinations of T and P, and for each condition
we performed 2000 simulations to estimate Wcrit as described
in [24]. Our stochastic simulations confirmed the prediction
that Wcrit should scale linearly with 1/P for each value of
T , Fig. 2(c). Furthermore, these results are consistent with
the prediction that larger tension should lead to larger Wcrit.
Further confirming the simple physical picture provided by
Eqs. (1,2), when we plotted PWcrit as a function of T , we
found that each of these curves collapsed to a point, and that
these points followed a relation given implicitly by the condi-
tion kon = αkoff , inset in Fig. 2(c), where α = 1.5 for quan-
titative agreement, see [24] for a discussion. Importantly, ad-
ditional calculations considering a 2D membrane enclosing a
volumetric cleft and bridged by a 2D arrangement of bonds
supported the generality of the physics behind Eqs. (1,2) and
of the results in Fig. 2.
A striking result of this analysis is that tension strongly af-
fects the critical crack size. To illustrate this effect and its
role on flaw-sensitivity, we considered an interface with 50
potential bonds and an initial crack of size Wi = 7b, which
given P and T˜ = 4 is smaller than the critical size Wcrit ≈ 9b,
Fig. 2(d)(i). As expected, the stochastic dynamics led to
crack healing. We then considered a longer initial flaw (ii),
Wi = 12b > Wcrit, which readily lead to failure of the in-
terface. We then repeated this simulation with a long crack
(Wi = 12b) but doubling T˜ , (iii). Because increasing tension
increased Wcrit, in this case much above the initial flaw size,
we found that the longer crack now rapidly healed. These re-
sults thus show that adhesive interfaces under hydraulic load-
ing can tune their sensitivity to flaws, and thus their ability to
disengage or remain cohesive, by controlling surface tension.
Our simulations also provided information about the life-
time of the interface. Although lifetime should depend on
the probability of nucleating a crack longer than Wcrit, and
thus on system size, we can still examine its systematic de-
pendence on tension and pressure. Fig. 2(e) shows that, for
a given tension, lifetime very rapidly increases as pressure
decreases. This abrupt behavior allowed us to define a crit-
ical pressure, below which the system remains stable for very
long times relative to t0 and above which it rapidly fails (in-
set). Our results show that lifetime is very sensitive to tension,
particularly around the critical pressure (see inset), with mod-
est changes in tension leading to changes in lifetime by orders
of magnitud. These results further emphasize how adhesion
can be tuned by tension.
We then wondered about the effect of diffusion, since
molecular bonds can laterally move in the fluid lipid mem-
brane or in the actomyosin cortex as it undergoes turnover
[29]. We developed a version of the model where molecules
0
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FIG. 3. Influence of mobility of molecular bonds: Stochastic dynam-
ics of a system with 50 potential bonds arranged initially in a regular
lattice of spacing b, subjected to T˜ = 8 and P˜ = 0.1, with a pre-crack
of width Wi = 16 b (smaller than Wcrit ≈ 19 b), where open bonds
diffuse with diffusivity D and closed bonds diffuse with D/2 biased
by the lateral force they experience. Bonds cannot move past each
other and cannot move closer than b/8. (a) Fraction of the 500 simu-
lations leading to failure (red) or healing (green) after a period of 10
t0 for each diffusion constant D˜. (b) Examples of trajectories lead-
ing to failure for each D˜, Movies 1 and 2 [24]. (c) Relation between
crack length W and the number of open bonds at the crack Ncrack,
obtained by averaging 50 failure trajectories, for different diffusivi-
ties. For fixed molecules (D˜ = 0) the relation is linear with slope b,
whereas for large diffusivity, crack length initially grows by motion
of bonds at nearly constant Ncrack leading to a concentrated adhesion
patch, and then by progressive bond breaking with slope b/8 (black
line), indicative of a maximal bond packing.
not only react but also diffuse and experience steric effects
when crowded. Closed bonds also experience a bias due to
their lateral force and, being attached, have smaller diffusiv-
ity D/2 compared to that of open bonds D [24]. Since closed
bonds at the crack tip experience the largest lateral force push-
ing them away from the crack, Fig. 1, now cracks could in
principle grow by motion of closed bonds. To examine the
competition between reaction kinetics and diffusion of bonds
[30, 31], we followed the stochastic dynamics of a system
with a pre-crack smaller than the critical crack length (strictly
valid only for the case of immobile bonds), and tracked the
fraction of simulations that reached complete failure after
10 t0 for different diffusivities, Fig. 3(a). Since crack length is
smaller than Wcrit, for D = 0 most trajectories lead to healing.
Failing realizations proceeding by progressive bond breaking
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<latexit sha1_base64="7JbeavlMNhouY1Gt5t7SD2cFbec=">AAA B8XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKthbbUDababt0swm7G6GE/gsvHhTx6r/x5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLK6tr6 RnmzsrW9s7tX3T9o6zhVDFssFrHqBFSj4BJbhhuBnUQhjQKBD8H4JvcfnlBpHst7M0nQj+hQ8gFn1FjpsWe4CDFrTiv9as2tuzOQZeIVpAYFm v3qVy+MWRqhNExQrbuemxg/o8pwJnBa6aUaE8rGdIhdSyWNUPvZ7OIpObFKSAaxsiUNmam/JzIaaT2JAtsZUTPSi14u/ud1UzO48jMuk9SgZP NFg1QQE5P8fRJyhcyIiSWUKW5vJWxEFWXGhpSH4C2+vEzaZ3XvvO7eXdQa10UcZTiCYzgFDy6hAbfQhBYwkPAMr/DmaOfFeXc+5q0lp5g5hD9 wPn8APxGQoA==</latexit>
0.1
<latexit sha1_base64="voD6bETDGb0J1q9KtopUzVo14pc=">AAAB6nic bVBNS8NAEJ3Ur1q/qh69LBbBU0hU0GPRi8eK1hbaUDbbSbt0swm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTAXXxvO+ndLK6tr6RnmzsrW9s7tX3T 941EmmGDZZIhLVDqlGwSU2DTcC26lCGocCW+HoZuq3nlBpnsgHM04xiOlA8ogzaqx077l+r1rzXG8Gskz8gtSgQKNX/er2E5bFKA0TVOuO76UmyKkynAmcV LqZxpSyER1gx1JJY9RBPjt1Qk6s0idRomxJQ2bq74mcxlqP49B2xtQM9aI3Ff/zOpmJroKcyzQzKNl8UZQJYhIy/Zv0uUJmxNgSyhS3txI2pIoyY9Op2BD8 xZeXyeOZ65+73t1FrX5dxFGGIziGU/DhEupwCw1oAoMBPMMrvDnCeXHenY95a8kpZg7hD5zPH1QmjSk=</latexit>
0.2
<latexit sha1_base64="7kk1bYwQIFuWqC72FTlgwFRhOAc=">AAAB6n icbVBNS8NAEJ3Ur1q/qh69LBbBU0iqoMeiF48V7Qe0oWy2k3bpZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/ +gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMK HKcCZwWupmGlPKRnSAHUsljVEHk/mpU3JmlT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbCh lRRZmw6JRuCv/zyKmlWXf/C9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBVqo0q</latexit>
0.3
<latexit sha1_base64="CvlBYmryCVTITm67tP/BQjLr+Zc=">AAAB6 nicbVBNS8NAEJ3Ur1q/qh69LBbBU0isoMeiF48V7Qe0oWy2k3bpZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aW d3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNY d30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/mpU3JmlT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhb Qpni9lbChlRRZmw6JRuCv/zyKmleuH7V9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBXLo0r</latexit>
0.4
<latexit sha1_base64="i9a0PZY57H0KfDGVBr2wOZ5+syU=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0i0oMeiF48V7Qe0oWy2m3bpZhN2J0 Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemEph0PO+ncLa+sbmVnG7tLO7t39QPjxqmiTTjDdYIhPdDqnhUijeQIGSt1PNaRxK3gpHtzO/9cS1EYl6xHHKg5gOlIgEo2ilB8+t9soVz/XmIKvEz0kFctR75a9uP2FZzBUySY3p+F6KwYRqFEzyaambGZ5SNqID3rFU0ZibYDI/dUrOrNInUaJtKSRz9ffE hMbGjOPQdsYUh2bZm4n/eZ0Mo+tgIlSaIVdssSjKJMGEzP4mfaE5Qzm2hDIt7K2EDammDG06JRuCv/zyKmleuP6l691XK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c2Rzovz7nwsWgtOPnMMf+B8/gBYso0s</latexit>
2<latexit sha1_base64="FYllQ 7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69 LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//Gb ZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMW yxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoe cUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKc CZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iw HZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFL e3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbi DBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexi t>
4<latexit sha1_base64="YaUu3 fbq3EXIDFlv57P9JYmAIGw=">AAAB6HicbVBNS8NAEJ34WetX1aOXx SJ4KokW9Fj04rEF+wFtKJvtpF272YTdjVBCf4EXD4p49Sd589+4bX PQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJs sFrHqBFSj4BKbhhuBnUQhjQKB7WB8N/PbT6g0j+WDmSToR3QoecgZN VZqVPulsltx5yCrxMtJGXLU+6Wv3iBmaYTSMEG17npuYvyMKsOZwG mxl2pMKBvTIXYtlTRC7WfzQ6fk3CoDEsbKljRkrv6eyGik9SQKbGd EzUgvezPxP6+bmvDGz7hMUoOSLRaFqSAmJrOvyYArZEZMLKFMcXsrY SOqKDM2m6INwVt+eZW0LiveVcVtVMu12zyOApzCGVyAB9dQg3uoQx MYIDzDK7w5j86L8+58LFrXnHzmBP7A+fwBf9OMug==</latexit>
6
<latexit sha1_base64="MSzjqIH AkyrjgRRhP9+nh9xE89o=">AAAB6HicbVBNS8NAEJ34WetX1aOXxSJ4K omKeix68diC/YA2lM120q7dbMLuRiihv8CLB0W8+pO8+W/ctjlo64OBx3 szzMwLEsG1cd1vZ2V1bX1js7BV3N7Z3dsvHRw2dZwqhg0Wi1i1A6pRcI kNw43AdqKQRoHAVjC6m/qtJ1Sax/LBjBP0IzqQPOSMGivVr3qlsltxZyD LxMtJGXLUeqWvbj9maYTSMEG17nhuYvyMKsOZwEmxm2pMKBvRAXYslTR C7WezQyfk1Cp9EsbKljRkpv6eyGik9TgKbGdEzVAvelPxP6+TmvDGz7hM UoOSzReFqSAmJtOvSZ8rZEaMLaFMcXsrYUOqKDM2m6INwVt8eZk0zyve RcWtX5art3kcBTiGEzgDD66hCvdQgwYwQHiGV3hzHp0X5935mLeuOPnME fyB8/kDgtuMvA==</latexit>
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2<latexit sha1_base64="FYllQ 7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69 LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//Gb ZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMW yxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoe cUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKc CZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iw HZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFL e3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbi DBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexi t>-
T˜ = 4
<latexit sha1_base64="tNVjby7C/1T /ZPXfFLY0LVnMTes=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBU0m0oBeh6MVjh dYW0lA2m027dLMbdidCCf0ZXjwo4tVf481/47bNQVsfDDzem2FmXpgKbsB1v53S2 vrG5lZ5u7Kzu7d/UD08ejQq05R1qBJK90JimOCSdYCDYL1UM5KEgnXD8d3M7z4xb biSbZikLEjIUPKYUwJW8vvARcTy9vSmMajW3Lo7B14lXkFqqEBrUP3qR4pmCZNABT HG99wUgpxo4FSwaaWfGZYSOiZD5lsqScJMkM9PnuIzq0Q4VtqWBDxXf0/kJDFmko S2MyEwMsveTPzP8zOIr4OcyzQDJuliUZwJDArP/scR14yCmFhCqOb2VkxHRBMKNq WKDcFbfnmVPF7Uvcu6+9CoNW+LOMroBJ2ic+ShK9RE96iFOogihZ7RK3pzwHlx3p2 PRWvJKWaO0R84nz8KQZEV</latexit>
T˜ = 12
<latexit sha1_base64="mYsXL8IcoYTiKgDq61+7mAe4ymg=">AAAB83icbVDL SgNBEOz1GeMr6tHLYBA8hd0o6EUIevEYIS/ILmF2tjcZMvtgZlYIS37DiwdFvPoz3vwbJ8keNLGgoajqprvLTwVX2ra/rbX1jc2t7dJOeXdv/+CwcnTcUUkmGbZZIhL Z86lCwWNsa64F9lKJNPIFdv3x/czvPqFUPIlbepKiF9FhzEPOqDaS62ouAsxb01unPqhU7Zo9B1klTkGqUKA5qHy5QcKyCGPNBFWq79ip9nIqNWcCp2U3U5hSNqZD7B sa0wiVl89vnpJzowQkTKSpWJO5+nsip5FSk8g3nRHVI7XszcT/vH6mwxsv53GaaYzZYlGYCaITMguABFwi02JiCGWSm1sJG1FJmTYxlU0IzvLLq6RTrzmXNfvxqtq4K +IowSmcwQU4cA0NeIAmtIFBCs/wCm9WZr1Y79bHonXNKmZO4A+szx96nZFO</latexit>
T˜ = 16
<latexit sha1_base64="skGkoVWIIGK21LrDCGLtmFJIBO8=">AAAB83icbVBN S8NAEJ3Ur1q/qh69BIvgqSQq6kUoevFYoV/QhLLZTNqlm03Y3Qgl9G948aCIV/+MN/+N2zYHrT4YeLw3w8y8IOVMacf5skorq2vrG+XNytb2zu5edf+go5JMUmzThCe yFxCFnAlsa6Y59lKJJA44doPx3czvPqJULBEtPUnRj8lQsIhRoo3keZrxEPPW9Ma9HFRrTt2Zw/5L3ILUoEBzUP30woRmMQpNOVGq7zqp9nMiNaMcpxUvU5gSOiZD7B sqSIzKz+c3T+0To4R2lEhTQttz9edETmKlJnFgOmOiR2rZm4n/ef1MR9d+zkSaaRR0sSjKuK0TexaAHTKJVPOJIYRKZm616YhIQrWJqWJCcJdf/ks6Z3X3vO48XNQat 0UcZTiCYzgFF66gAffQhDZQSOEJXuDVyqxn6816X7SWrGLmEH7B+vgGgK2RUg==</latexit>
T˜ = 8
<latexit sha1_base64="+UfLxsJmGbRnkLxBZg1eAqQInQ8=">AAAB8nicbVBN S8NAEN3Ur1q/qh69LBbBU0lUsBeh6MVjhdYW0lA2m027dLMbdidCCf0ZXjwo4tVf481/47bNQVsfDDzem2FmXpgKbsB1v53S2vrG5lZ5u7Kzu7d/UD08ejQq05R1qBJ K90JimOCSdYCDYL1UM5KEgnXD8d3M7z4xbbiSbZikLEjIUPKYUwJW8vvARcTy9vSmMajW3Lo7B14lXkFqqEBrUP3qR4pmCZNABTHG99wUgpxo4FSwaaWfGZYSOiZD5l sqScJMkM9PnuIzq0Q4VtqWBDxXf0/kJDFmkoS2MyEwMsveTPzP8zOIG0HOZZoBk3SxKM4EBoVn/+OIa0ZBTCwhVHN7K6YjogkFm1LFhuAtv7xKHi/q3mXdfbiqNW+LO MroBJ2ic+Sha9RE96iFOogihZ7RK3pzwHlx3p2PRWvJKWaO0R84nz8QUZEZ</latexit>
2<latexit sha1_base64="FYllQ 7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69 LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//Gb ZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMW yxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoe cUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKc CZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iw HZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFL e3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbi DBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexi t>
4<latexit sha1_base64="YaUu3 fbq3EXIDFlv57P9JYmAIGw=">AAAB6HicbVBNS8NAEJ34WetX1aOXx SJ4KokW9Fj04rEF+wFtKJvtpF272YTdjVBCf4EXD4p49Sd589+4bX PQ1gcDj/dmmJkXJIJr47rfztr6xubWdmGnuLu3f3BYOjpu6ThVDJs sFrHqBFSj4BKbhhuBnUQhjQKB7WB8N/PbT6g0j+WDmSToR3QoecgZN VZqVPulsltx5yCrxMtJGXLU+6Wv3iBmaYTSMEG17npuYvyMKsOZwG mxl2pMKBvTIXYtlTRC7WfzQ6fk3CoDEsbKljRkrv6eyGik9SQKbGd EzUgvezPxP6+bmvDGz7hMUoOSLRaFqSAmJrOvyYArZEZMLKFMcXsrY SOqKDM2m6INwVt+eZW0LiveVcVtVMu12zyOApzCGVyAB9dQg3uoQx MYIDzDK7w5j86L8+58LFrXnHzmBP7A+fwBf9OMug==</latexit>
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<latexit sha1_base64="FYllQ 7zpOOUWp6AgCT92VJfJ7Xs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69 LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//Gb ZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMW yxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoe cUWOlZq1frrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKc CZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iw HZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFL e3EjaiijJjsynZELzll1dJu1b1Lqpu87JSv8njKMIJnMI5eHAFdbi DBrSAAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPfMuMuA==</latexi t>
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<latexit sha1_base64="voD6bETDGb0J1q9KtopUzVo14pc=">AAAB6 nicbVBNS8NAEJ3Ur1q/qh69LBbBU0hU0GPRi8eK1hbaUDbbSbt0swm7G6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTAXXxvO+ndLK6tr6Rnmzsr W9s7tX3T941EmmGDZZIhLVDqlGwSU2DTcC26lCGocCW+HoZuq3nlBpnsgHM04xiOlA8ogzaqx077l+r1rzXG8Gskz8gtSgQKNX/er2E5bFKA0TVOu O76UmyKkynAmcVLqZxpSyER1gx1JJY9RBPjt1Qk6s0idRomxJQ2bq74mcxlqP49B2xtQM9aI3Ff/zOpmJroKcyzQzKNl8UZQJYhIy/Zv0uUJmxNgS yhS3txI2pIoyY9Op2BD8xZeXyeOZ65+73t1FrX5dxFGGIziGU/DhEupwCw1oAoMBPMMrvDnCeXHenY95a8kpZg7hD5zPH1QmjSk=</latexit>
0.2
<latexit sha1_base64="7kk1bYwQIFuWqC72FTlgwFRhOAc=">AAAB6nicb VBNS8NAEJ3Ur1q/qh69LBbBU0iqoMeiF48V7Qe0oWy2k3bpZhN2N0Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1Em mGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPK RnSAHUsljVEHk/mpU3JmlT6JEmVLGjJXf09MaKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmlWXf /C9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBVqo0q</latexit> 0.3
<latexit sha1_base64="CvlBYmryCVTITm67tP/BQjLr+Zc=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0isoMeiF48V7Qe0oWy2k3bpZhN2N0 Ip/QlePCji1V/kzX/jts1BWx8MPN6bYWZemAqujed9O4W19Y3NreJ2aWd3b/+gfHjU1EmmGDZYIhLVDqlGwSU2DDcC26lCGocCW+Hodua3nlBpnshHM04xiOlA8ogzaqz04LnVXrniud4cZJX4OalAjnqv/NXtJyyLURomqNYd30tNMKHKcCZwWupmGlPKRnSAHUsljVEHk/mpU3JmlT6JEmVLGjJXf09M aKz1OA5tZ0zNUC97M/E/r5OZ6DqYcJlmBiVbLIoyQUxCZn+TPlfIjBhbQpni9lbChlRRZmw6JRuCv/zyKmleuH7V9e4vK7WbPI4inMApnIMPV1CDO6hDAxgM4Ble4c0Rzovz7nwsWgtOPnMMf+B8/gBXLo0r</latexit>
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4<latexit sha1_base64="YaUu3fbq3EXIDFlv57P9JYmAIGw=">AA AB6HicbVBNS8NAEJ34WetX1aOXxSJ4KokW9Fj04rEF+wFtKJvtpF272YTdjVBCf4EXD4p49Sd589+4bXPQ1gcDj/dmmJkXJIJr47rfztr6x ubWdmGnuLu3f3BYOjpu6ThVDJssFrHqBFSj4BKbhhuBnUQhjQKB7WB8N/PbT6g0j+WDmSToR3QoecgZNVZqVPulsltx5yCrxMtJGXLU+6W v3iBmaYTSMEG17npuYvyMKsOZwGmxl2pMKBvTIXYtlTRC7WfzQ6fk3CoDEsbKljRkrv6eyGik9SQKbGdEzUgvezPxP6+bmvDGz7hMUoOSLR aFqSAmJrOvyYArZEZMLKFMcXsrYSOqKDM2m6INwVt+eZW0LiveVcVtVMu12zyOApzCGVyAB9dQg3uoQxMYIDzDK7w5j86L8+58LFrXnHzmB P7A+fwBf9OMug==</latexit>
P˜
<latexit sha1_base64="7JbeavlMNhouY1Gt5t7SD2cFbec=">AAAB8Xi cbVBNS8NAEJ3Ur1q/qh69LBbBU0lU0GPRi8cKthbbUDababt0swm7G6GE/gsvHhTx6r/x5r9x0+agrQ8GHu/NMDMvSATXxnW/ndLK6tr6RnmzsrW9s7tX3 T9o6zhVDFssFrHqBFSj4BJbhhuBnUQhjQKBD8H4JvcfnlBpHst7M0nQj+hQ8gFn1FjpsWe4CDFrTiv9as2tuzOQZeIVpAYFmv3qVy+MWRqhNExQrbuemx g/o8pwJnBa6aUaE8rGdIhdSyWNUPvZ7OIpObFKSAaxsiUNmam/JzIaaT2JAtsZUTPSi14u/ud1UzO48jMuk9SgZPNFg1QQE5P8fRJyhcyIiSWUKW5vJWx EFWXGhpSH4C2+vEzaZ3XvvO7eXdQa10UcZTiCYzgFDy6hAbfQhBYwkPAMr/DmaOfFeXc+5q0lp5g5hD9wPn8APxGQoA==</latexit>
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<latexit sha1_base64="Iq5UmC4DKMgLD0ybAYHX2eu44HY=">AAAB/3icbVA9SwNBEN3zM8avU8HGZjEIsQl3KmgZtLGMYD4gF8LeZi9Zsrt37M4J4UzhX7GxUMTWv2Hnv3GTXKGJDwYe780wMy9MBDfged/O0vLK6tp6YaO4ubW9s+vu7TdMnGrK6jQWsW6FxDDBFasDB8FaiWZEhoI1w+HNxG8+MG14rO5hlLCOJH3FI04JWKnrHgZClQPgoscyGHezQEscjU+7bsmreFPgReLnpIRy1LruV9CLaSqZAiqIMW3fS6CTEQ2cCjYuBqlhCaFD0mdtSxWRzHSy6f1jfGKVHo5ibUsBnqq/JzIijRnJ0HZKAgMz703E/7x2CtFVJ+MqSYEpOlsUpQJDjCdh4B7XjIIYWUKo5vZWTAdEEwo2sqINwZ9/eZE0zir+ecW7uyhVr/M4CugIHaMy8tElqqJbVEN1RNEjekav6M15cl6cd+dj1rrk5DMH6A+czx/kuJYC</latexit>
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FIG. 4. (a) Sequence of architectures of an adhesive interface with
increasing cluster size and cluster separation, W˜i, but constant bond
separation and average density. (b) Logarithm of lifetime t˜f of a clus-
ter as a function of W˜i for different tensions T˜ and for P˜ 0.1 (aver-
age lifetimes obtained from 500 simulations). Optimal cluster size is
well approximated by W˜crit/2. The inset shows the results for T˜ = 8
where regimes I, II and III are highlighted. Filled stars, circles and
open stars denote regimes I, II and III.
at the crack tip, Fig. 3(b), and thus crack length linearly corre-
lated with the number of open bonds in the crack Ncrack with
slope b, Fig. 3(c). As diffusivity increased, however, the frac-
tion of failing interfaces increased and the mechanism of fail-
ure changed. Cracks grew first at nearly constant Ncrack by lat-
eral bond motion leading to increasing packing, Fig. 3(c), in
a behavior reminiscent of observations in cell-cell decohesion
[32]. In a second phase, when crowded bonds could not move
any further, cracks grew by sequential bond breaking. To ex-
plain the higher probability of failure at high D, we reasoned
that crack growth by biased diffusion of marginal bonds can
extend the crack beyond a critical length at which bond break-
ing dominates rebinding. Thus, our model suggests that mo-
bility of bonds embrittles the adhesive interface, in interesting
analogy with the weakening of transient polymer networks by
crosslinker mobility [33]. According to this mechanism of
embrittlement by bond motion, the progressive immobiliza-
tion of cadherins as they couple to the cortex observed during
maturation of cell-cell junctions should promote stability of
the adhesion patch [34].
Following maturation, adhesive cell-cell contacts are
known to organize into largely immobilized clusters with 10s
to 100s transmembrane adhesion molecules mechanosensi-
tively coupled to the cytoskeleton. The biological and bio-
physical mechanisms leading to these clusters and their func-
tion remain poorly understood [5, 35–37]. However, models
of stochastic bond clusters allow us to examine the structural
benefit of this organization. To focus on the role of the junc-
tional organization, we considered a sequence of bond archi-
tectures shown in Fig. 4(a), where the size of bond clusters
and non-adhesive gaps Wi varies but the average bond den-
sity and the separation between bonds within clusters remains
constant. We studied lifetime of bond clusters of increasing
size under fixed pressure and for several tensions by averaging
2000 realizations for each parameter set. In agreement with
related studies about the stability of bond clusters attached to
an elastic medium [20, 21], we found that the lifetime of our
hydraulically loaded and tense interfaces changed by orders of
magnitude depending on architecture and was largest at inter-
mediates cluster sizes, suggesting a physical selection mech-
anism and a notion of structural optimality. Furthermore, our
results showed that lifetime and optimal cluster size increase
with tension, Fig. 4(b). To understand this behavior, we noted
that for Wi < Wcrit/2 (regime I) the crack size can never be
larger than the critical length even when only one bond re-
mains. Consequently lifetime will depend on the competi-
tion between binding and unbinding, and in the limit of small
clusters, for which rates are uniform and close to k0on and k
0
off ,
lifetime should increase with cluster size [17] in a tension-
independent manner. Our results confirmed these predictions,
and showed that the maximum lifetime was attained for clus-
ter sizes closely matching Wcrit/2 and thus depending on P
and T , Fig. 2(c). Focusing then on Wi > Wcrit (regime III), we
reasoned that fracture should proceed by sequential unbinding
of marginal bonds, and focusing on the slowest event, we esti-
mated lifetime by the time required to break the first marginal
closed bond given by t˜f ≈ exp(−W˜P˜/2) ≈ exp(−0.05 W˜),
which closely matched the behavior of our simulations t˜f ≈
exp(−0.04 W˜) at large Wi, Fig. 4(b). Thus, our results show
that between the tension-independent behaviors at large and
small W, lifetime is strongly tension dependent and maximal
around Wcrit/2. We could rationalize the wider window of
stability and longer lifetimes as tension increases by the de-
pendence of Wcrit and kon on T . We finally note that variations
of the model studied here showed that the strengthening role
of surface tension was not limited to hydraulic loading of the
adhesive interface [38].
Taken together, our results show that surface tension
strongly enhances the stability of adhesive interfaces loaded
hydraulically and bridged by molecular bonds by bringing po-
tential partners closer together and favoring rebinding at the
margin of nascent cracks. More specifically, tension controls
flaw sensitivity, lifetime and optimal cluster size in such inter-
faces. We have further established that mobility of molecular
bonds embrittles adhesions. Since cells can control surface
tension [4, 23] and bonds diffusivity [36], our work identifies
a physical mechanism by which cells can dynamically adapt
their stickiness, complementary to biochemical mechanisms
coupling adhesion and tension [5]. Whether cells and tissues
use this physical mechanism to tune adhesion remains to be
tested. We speculate that it is compatible with the healing of
high tension microlumens at the expense of expanding low
tension lumens during early mammalian development [15].
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